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THE MODE LOCALIZATION PHENOhlENON:
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M. Levine- M’est and l!. Salama
Jet Propulsion Labc)ratory
California Institute of Technology
Pasadena, CA, 91109

ABSTRACT
The high degree of manufacturing precision required in space structures may make
them more susceptible to mode localization. In this demonstration, the mode localization
phenomenon is investigated using an existing full scale antenna-like structure having the
complexity, manufacturing precision, and dynamic characteristics of space structures, The
actual imperfections were measured and incorporated in a numerical model of the structure.
The impact of several parameters that provoke the phenomenon were first studied by
numerical simulations, then experimentally. The results show excellent agreement, thereby
confirming the importance of mode localization in the design of actual space structure.

I. INTRODUCTION
Many investigations [I-9], have analytically established that the presence of small
imperfections in an assembly of nominally identical structural components can drastically
alter the expected regular modal behavior of the structure. The phenomenon is known
as mode localization (ML), and the origin of its discovery in solid-state physics dates
back to the fifties [10,11]. When a mode becomes strongly localized, its modal energy
may be confined spatially to only a small number of components of the structural system,
instead of being extended throughout the structure had the imperfections not existed. The
phenomenon is strongly displayed when the coupling between components is weakest. It is
distinguished from the usual ideal behavior by the fact that only very small imperfections
in the similitude (or regularity) of the component properties are sufficient to produce
disproportionately severe aberrations in modal response.
* The research described herein was performed by the Jet Propulsion Laboratory,
California Institute of Technology, under contract with NASA. Funding was provided in
part by Dr. A. Das, Air Force Phillips Laboratory, and S. Venneri, NASA office of Aeronautics and Space Technology. The valuable help and discussions with A. Ahmed of JPL,
Profs. P. Friedmann and O. Bendik sen of UCLA, and Prof. J. Beck of Caltech are gratefully acknowledged.
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Previous investigations have also given insight into understanding the physical
phenomenon by demonstrating it on specially designed laboratory experiments. with cont rolled amounts of imperfections and coupling parameters jl ,2]. In these experiments, the
test articles and scope had to be intentionally simple but revealing. In other experiments
~] 2], observations were made with regard to the effect of small variations in properties
on the deviation from ideal mode shapes - although the effects were not attributed at
the time to NIL. Questions still remained as to: (a) whether the phenomenon can be
shown to manifest itself in a non-trivial degree in a realistic structure having the degree of
geometric complexity, manufacturing precision, inter- component coupling, and dynamic
characteristics of space structures; and (b) what is the predictive accuracy of simple finite
element model-based numerical simulation of the phenomenon. These questions provided
the motivation for the laboratory investigations reported herein. Space structures such
as astronomical telescopes and reflectors must be built to a high degree of precision. But
as the rnanufact uring tolerances are made small, but practically never null, the degree of
imperfections may be brought to within the small perturbation domain where localization
is most influential. In the present work, the test article is an existing flexible twelverib antenna-like structure (Fig. (1 )), which was originally designed to simulate a space
reflector to be used for demonstrating adaptive control laws, shape control, and model
identification experiments [13]. Existing imperfections in the test structure were not altered during testing. But a number of other parameters that can provoke ML, such as
inter-rib coupling stiffness and excitation levels, were varied.
The focus of this paper is on the visual demonstration of ML; in the belief that such
a demonstration can provide a deeper appreciation of the nature of the phenomenon and
how it manifests itself in realistic structures. Extensive descriptions of the test structure,
instrumentation used, data acquisition system, analytical theory and results, as well as
test procedure and graphical presentation of test results are given in [14].
II. THE MODE LOCALIZATION PHENOMENON
Previous investigations have shown the effect of small imperfections on the modal
response of weakly coupled periodic or cyclic structures. Such structures may include
multiple-span beams, trusses and platforms consisting of repeated bays, and antennas
consist ing of repeated sectors. The analytical studies of Cornwell and Bendiksen of the
localization in a large space reflector [3-s] inspired the present experimental investigation.
In this section, we give a brief description of the phenomenon and outline qualitatively the
impact of the parameters that provoke it.
The modes of a structure assembled in a periodic or cyclic array of nominally
identical components cluster in many groups or bands. Within each band, the number of
modes is equal to the number of identical components forming the structure. Also within
each band, the individual components deform with the same mode shape and magnitude,
but with a phasing dictated by the mode nur ~ber within the band. In general, the first
mode of any band is characterized by all components moving in phase, while the last mode
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of the band is characterized by all conlponents moving 180° out-of-phase. If t he components
are hypothetically identical, the nl~des ~~ithill each band bec~nle degenerate. Ho~~e~er,
any small imperfections in propert ies, geflllletry. or boundary conditions annihilate the
modal degeneracy, but spawn pairs of cl~sely ~pa~ed n~~~~es.
Imperfections can cause certain modes to “localize”. Modes that localize exhibit
pronounced deviations from the regular pattern described above, had the structure been
perfect. l’nder certain conditions. very small i]nperfections can cause the modal deformations to become spatially confined (or localized) to a single component, instead of being
ext ended throughout the entire structure. For the antenna structure in Fig. ( 1), let @i(r)
designate the n~odal deformation at location z along rib i. .4 good measure of the degree
of localization is provided by the ratio Al(x), between the modal deformation of the imperfect structure to the modal deformation of the perfect one, where each of the modes
are normalized to unity [3]:

(1)

.4 mode is considered localized if Ai(x) < 0.1 for all z and i. The more the
deformation is confined to a particular component, the stronger is the degree of localization,
and the smaller A becomes.
.4 mode does not localize suddenly [9]. The strength of localization depends on a
number of paramet rs. Important among these are the type, amount and mixture of imperfections, the number of components forming the system, the degree of coupling between
components, and the level and pattern of exciting forces. The imperfections can be in dynamic properties, geometry, boundary conditions, or any combination thereof. However,
the net effect must, amount to no more than 5% perturbation in the resultant frequency of
vibration in order to clearly distinguish the severe ML behavior from the usual but more
benign dynamic behavior.
.4 useful measure of the degree of coupling between components, the number of
components, as well as the modal density within a band has been suggested by Bendiksen
[3;. For the jth band, the modal bandwidth A~j is defined by:

(2)

where ti~~=,j and ~min,l are the upper and lower frequencies of band j. For a
system of single degrees-of-freedom, AAj increases proportional to the coupling stiffness
[5]. Weaker inter-component coupling gives rise to narrower bandwidths and therefore,
higher modal density within a band. The narrower the bandwidth, the more sensitive to
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localization are the modes within it, especially those mclcles located at the edge of the band
:.5,9]. It has also been shown nunlerically that AA, decreases lvith increasing hand number
j. and that higher bands are mc~re likely to localize. The degree of ML also increases
\vitll increasing number of components in t he sysl em. Ihs loca]izat ion is more likel~- to
occur in structures composed of many imperfect components than in ones with the same
imperfections but composed of fewer components.

III. EXPERIMENTS
1. Test Set-up:
The importance of the demonstration reported herein is that it has been implemented on an existing structure which posseses similar dynamical properties and nlanufacturing tolerances as those of space structures. The first part of the video gives overall
and close-up views of the structure. It simulates a space reflector antenna consisting of ‘h’” ‘‘
twel~e flexible ribs (0.233 cm thick, 7.62 cm wide, 2.25 m long) which are clamped to
a 1 .22 m diameter central hub. The ribs are coupled together circumferencially by two S-jl’11 * z
rings of constant-force wire-spring assemblies that simulate the coupling effect of an RF
reflective mesh used in real antennas. Varying the inter-rib coupling tension is equivalent
to varying the wire-spring stiffness. This is implemented by turnbuckle mechanisms that
allow inter-rib tensions from 0.56 N to 44.48 N. In the nominal configuration, the wires of
the inner ring are tensioned to 4.45 N, and those of the outer ring are tensioned to 2.22
N, To prevent excessive deformation of the ribs due to gravity, two levitator assemblies
are used to suspend each rib at two locations so as to minimize the rms gravitational ;);// .3
deformations. Each levitator assembly consists of a 15.24 cm diameter ball-bearing pulley
and a counter weight that cables around the pulley and attaches to the rib. The ribs are
allowed to deform by up to 40.0 cm. In addition to its own weight, each rib carries nine
evenly spaced masses along the length (each 33 gin).
Each rib can be excited by one of twelve rib-root force voice-coil actuators which
react against a mount rigidly clamped to the hub. The ribs can be excited out-of-plane ~+) Ii I ~
individually, all twelve at a time, or with any combination in between. Phase shifts between
the ribs can also be introduced in the excitation forces. The out-of-plane displacements
are measured along the ribs at the inner and outer coupling wire locations by twenty-four
12-bit optical encoders which are nested into the twenty-four pulley rot at ion shafts. The
measured displacements are accurate to within 0.254 mm.
The data recorded from the twelve force actuators at the rib-roots and the twentyfour optical encoders measuring the displacement time-histories at two points along each
rib, are used to identify the modal properties of the structure. The software “MODE-ID”
[15], was used to identify the modal frequencies dampiw~ mode shap=~ and Participation
factors from the measured displacement response time-histories.
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2. \Tumerical Simulations:
To investigate the conditions under which the test structure may be susceptible to
localization. a simple finite element model of the structure was constructed, Fig. (2). Each
rib was modeled by ten identical beam elements (six d.o. f. per node), and each tension wire
~vas modeled by two purely tensile elements. Each pulley mechanism is modeled as a rigid
body w-hose rotational motion is driven by the pulley rotational inertia and counlerw-eight
inertia. The pulley has one rotational d.o.f. which is constrained to correspond to the
out-of-plane displacement d.o. f at the rib attachment. Geometric stiffness arises due to
the inter-rib tension. lvhich is introduced in the model as enforced change in the wire
length. Since the inter-rib coupling could be accurately adjusted using the turnbuckle,
no coupling imperfections were assumed in the model. Imperfections in the structural
dimensions (e.g. thickness, width of each rib) were measured directly wherever possible.
Measured variations in the counterweight masses and inferred rib densities were less than
5%. Since friction and stiction in the pulleys are almost. impossible to model, the damping
was equivalently incorporated into the inertia of the pulleys. Values of the pulley inertias
were adjust ed from their nominal values by mat thing the numerical modal frequencies of
each rib to the experimental frequencies obtained by testing the ribs individually without
any coupling wires.
Using the model described above, the structure was analyzed in a number of
configurate ions where variations were introduced in the inter-rib coupling tension and in
the exciting force patterns and levels. More details are given in [14]. First, a modal analysis
of the “perfect” structure (i.e. all ribs identical) was performed with coupling set at the
nominal tension of 4.45 N in the inner ring and 2.22 N in the outer ring. The results are
summarised in Table ( 1 ) for the first 24 modes comprising the first two bands. According
to Eq. (1), the width of the first two bands is respectively, AJ1 = 1.13, and AAZ = 0.052.
In modes of the first band, all ribs deform in the first cantilever bending mode with a
phasing that ranges from 0° to 180°. In modes of the second band, all ribs deform in the
second cantilever bending mode with a phasing that ranges from 0° to 180°. According to
the ML theory (Sec. II), modes of the second band are more susceptible to localization.
Second, a modal analysis of the structure with the measured imperfections was
performed, again with the nominal inter-rib coupling. The resulting frequencies of the
first 24 modes are also listed in Table (1). Here the bandwidth of band-l and band2 are respectively, AA] = 1.19 and AAZ = 0.11. In Fig.(3) the first mode of each of
band-1, and band-2 is shown, where the solid and dotted lines represent the undeformed
and the deformed shapes, respectively. Mode- 1-ban d-1 show very slight irregularity in
rib deformations over the expected uniform umbrella shape, while mode- l-band-2 shows
deformations that are noticablly localized in ribs #5 through #12. The numerical results
(not shown ) also predict strong localization in mode-12-band-2 (the last mode in this band),
where the deformation is confined primarily in rib #10. Intermediate modes exhibited only
s-mall irregularities.

In addition to the nominal inter-rib coupling tension, other couplings analyzed
included: 1/10, 1/4, 1/2 of the nominal coupling. and 2. 3. 4. and 10 times the nominal
coupling. Table (2) summarizes the frequencim of selected modes in band-l and band-2.
The following observations emerge fro]n the collpli])g >~nsit ivity analysis:
a. The modal bandwidth AA] decreases and the struciure”s susceptibility to
\lL increases as the band number increases and as the coupling tension
decreases. For the reflector structure under consideration. bands wit h
AA] . 0.5 are not sensitive to LIL. Thus, mode-l -band-1 should not be
expected to localize, but nlode-1-band-2 and higher modes should localize.
b. .4s the coupling tension decreases, the coupling stiffness becomes negligible
relative to the rib stiffness, and the frequencies within a band become
more closely spaced. For coupling tension less than half the nominal,
the frequencies within a band become practically indistinguishable. For
testing purposes, this means that extracting the modes of the antenna
from the time- histories will be more intricate as the coupling is decreased.
c. Inspection of the mode shapes for 1/10 of the nominal coupling reveals
that for band-1, only mode-l and nlode-12 at the edges of the band are
found to localize weakly. Although intermediate modes are irregular, they
are relatively extended. However, for this same configuration, all modes of
band-2 are stongly localized and the deformations are mostly restricted to
a single rib. Again, as the inter-rib coupling tension is increased, localizat ion effects decrease. When coupling is increased to 10 times the nominal
values, all modes of the first two bands become fully extended. The only
difference between the perfect and the imperfect structures is that the
modes of the perfect one are degenerate, while those of the imperfect one
are well-separated.

3. Test Results:
A number of preliminary tests were first performed (not shown in video). These
included: ( 1 ) Single uncoupled rib tests to measure and identify the imperfections, monitor
the damping in the pulleys, quantify the modal frequencies and damping, and update the
numerical model of each rib. (2) Sine-sweep tests to identify the lower and upper bounds of
the first two bands for the entire structure in the nominal inter-rib coupling configuration.
(3) Sine-dwell tests to select the modes to be examined for ML, select suitable excitation
force pat terns and magnitudes, and tune the dwelling frequency depending upon the interrib coupling level. Descriptions and results of these tests are detailed in [14]. From the
numerical simulations and preliminary tests, two modes were targeted to demonstrate the
hlL phenomenon. These are (a) the first umbrella mode (i.e. mode-l-band-1) where all ribs
deform in-phase in the first cantilever bending mode, and (b) the second umbrella mode
(i.e. mode-l-band-2) where all ribs deform in-phase in the second cantilever bending mode.
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In both cases all ribs were excited sinusoiclall}- in-phase with the same amplitude. Even
though this excitation pattern matches the idea] re>ponse of the structure: the experiments
still showed that localization cjccured.
a. Localization of the First I.-mbrella \lode (\locle- 1-Band-l ):
The first umbrella mode was excitec{ in the nominal coupling configuration
with all force actuators tuned in-phase to 0.22 Hz. h!odal damping \vas
(
relatively high, about 2.0 7 0. The response evident. in the video shows that
localization is weak; only slight, deviation from the ideal uniform response
is apparent. The same was predicted from the numerical simulations in
Sec.111-2. Similar results (not shown) were also found for 1/4 and 3 times
the coupling tension. The combination of the relatively large bandwidth
(AA I = 1.19) and high modal damping appear to be responsible for the
weak localization of band-1 modes.
b. Localization of The Second Umbrella Mode (hlode-1-Band-2):
As identified from the sine-sweep tests, the second umbrella mode was excited in the nominal coupling configuration with all force actuators tuned
in-phase to 1.47 Hz. hlodal damping was found to be about 0.7Y0, and the
width of band-2 was predicted to be about 0.11 . The video shows that
localization is strong in this mode. Instead of the ideal uniform behavior,
the deformation is mostly confined to ribs #5 through #9, with predominant motions in ribs #6 and #9. All other ribs have very little elastic
motion, and are just moving relatively rigidly along with the base excitation at the hub. Another way to visualize the degree of modal disorder in
real-time, is by observing the relative magnitude of the displacement-time
histories displayed on the monitor for different ribs. For example, notice
in the video that the displacement responses of ribs #1 and #12 are much
smaller than ribs #6 and #9.
When the nominal coupling tension was reduced to 1/4 its original value,
the frequency of the second umbrella mode increased only slightly (from
1.47 Hz to 1.47s Hz), but the degree of localization increased dramatically.
The video shows the modal response confined to ribs ##6 and #9, with all
other ribs almost stat ionary. On the monitor. one can observe the much
smaller response time-history at ribs #1 and #12 compared to ribs #6
and #9.
Finally, when the inter-rib coupling tension is increased to 3 times the
nominal values, the frequency of the same mode decreased from 1.47 Hz
to 1.43 Hz and the modal damping increased slightly to 0.8Y0. But now
localization is only marginal. This was also predicted by the simulations
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in Sec. 111-2. .4s the video sbo~vs, ribs #6 and #9 ~vhich \vere s t r o n g l y ;}7’11
localized llllder 1/4 coupling, now have approximately the same level of ‘~’ ‘‘
respons= as tile other ribs.
Further tests have also shown that the degree of localization is a function
of the excitation level. In the last test shcnvn in the ~ideo, the second
Ilmbrella mc)de was excited again - hut this time at twice the force level of
the previous tests. Higher excit at ion induced non-linear deformations and
increased damping due to air drag, and occasional banging of the counterweights against the pulleys. The result was a decreased localization.
Interestingly, when the excitation force was decreased to half the original
amount, the degree of localization also decreased, apparently due to low
level friction and stiction in the pulleys.

IV. SIIIFL.4TION - TEST CORRELATIONS
To investigate the correlation between the ML observed in the test structure and
the predicted behavior, we consider for comparison the results of tests conducted at the
original excitation force level of 0.5.N. These are judged to be least affected by measurement
noise and by non-linear response of the structure and suspension mechanism. We also note
that the numerical model did not include damping directly in the dynamic equation of
motion, which could have some effect on the prediction of both ML and the response of
closely-spaced modes.
(’comparison of the analysis and test frequencies is given in Table (3) for the first
two umbrella modes (i.e mode-l -band-1 and mode-l-band-2) for various levels of inter-rib
coupling tensions. For the nominal coupling, the frequencies of these two modes match
exactly, and they differ by only 2$Z for mode- l-band-1 and 0.570 for mode- l-band-2 for
other coupling configurations. The excellent correlation is due in part to the method of
incorporating the rib properties found from the single-rib tests in the full structural model.
The normalized numerical and experimental shapes for mode-l-band-1 and mode1 -band-2 at nominal coupling are compared in Fig. (4). Minor discrepancies between the
numerical and experimental mode shapes arose when the modes were spaced less than
0.01 Hz apart, which is also the spectral accuracy of the measured data. LJsing modal
superposition, it was shown ~14~ that for band-2, with coupling equal or less than the
nominal. LIODE-ID identified the sum of the first two closely-spaced modes of the band.
Slight differences remain in the amount of deformations observed in the quasi-stationary
ribs, typically ribs #10 through #4, and the portion of localized response shared by ribs
#6 and #9. The extent of discrepancy, although small, appears to be a function of damping
and nonlinearities induced by the excitation force level used in the sine-test.

:+/l ?11

V. SUMMARY AND CONCLITSIONS
The experiments described herein validated the Ili{)de localization theory on a relat i~ely complex space-like structure. and confirnjecl t hat I he phenomenon could be predicted
using relatively simple numerical model. The video results sho~ved that realistic looselYcoupled, periodic structures, with small inlperfections in the quasi-identical components,
could suffer large deviations from the expected ideal response. In extreme cases. the
modal energy could Le confined to a single component and may result in nigher stresses
than expected. Higher modal bands are more Susceptible to localization. Larger alnounts
of damping, inter-component coupling, and deviation from the perfect similitude alllong
components can reduce the strength of localization. By necessity, however, it is not always
possible to retain all these characteristics in large, lightweight precision space structures.
This makes them more susceptible to localization. Thus, to limit potential future mission
failures, it is important to investigate how ML could be mitigated by passive or active
means. The phenomenon should be considered in the design of control systems, and included in the uncertainty modelling of the system’s dynamics.
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FIC~URE TITLES
Figure 1. 12-rib antenna testbecl struct ureused for \lL experiments.
Figure 2. Finite element model of the antenna tesbed structure.
Figtlre 3. comparison of analysis modes (at nominal coupling) bet~veen the perfect structure
~(a) mc)de-1-band-1, f= O.228 Hz, (c) nlode-1-band-2, f=l.52 Hz;. and the structure
~vith measured imperfections [(b) mode-l-band-l, f= O.216 Hz. (d) mode-l-band-2.
f=l.47 Hz].
Figure 4. Comparison between the numerical and experimental normalized rib deformations
with nominal coupling and 0.5 N excitations: (a) mode-l-band-1, (b) mode-lband-2.
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SINE DWELL TEST: BAND 1- MODE 1
12-RIB IN-PHASE EXCITATION FOR NOMINAL COUPLING
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SINE DWELL TEST: BAND 2- MODE 1
12-RIB IN-PHASE EXCITATION FOR NOMINAL COUPLING
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